Salioll Vlwsdl Jol>

[Tom

(o (x 7). V2 J2
A=sin| —+ x |=sm| — |coS X+ cos| — |sIn x= —CO0S X+ —sin x
4 4 4 2 2

T T (7). 2 V2
B=cos| —+ x |=cos| — [cosx—sIn| — [siIn Xx=——C0S Xx———SIn X
4 4 4 2 2

) T (7 T . 1 \/3 )
C=sm| ——x |=sin| — [cOS X—cOS| — |SIn X=—COS X———SIn X
6 6 2 2

D= cos( 3— Xj = cos(zjcos X+ sm(;jsm x=0+sm x=sin x

E=2cos E—X +4/2 sin z_ j
6 4
E= 2(cos(%j CcoS X+ sm(%j sin Xj + \/E(sm(%j COS X— cos(%j sin Xj

E= 2{%cosx+%sin XJ+\/§(gcosx—gsin XJ

E:\/gcosx+sin X+ COoS X—sin x

E= (\/§+1)cosx

F= sin(2X)— 3 cos(% + Xj

F =2sin xcos x—3 (cos(%j CcOS X— sm(%j sin Xj

F =2sin xcos x— 3(73 cos X—%sin XJ

F =2sin Xcosx—%cosx—%sinx

G= cos( X+ %j —sin(% - Xj —sin(x)

G= COS(;} COS X— sm(?j SIn x— (sm(?j COS X— COS(EJSIH Xj —Smn x

3 . 3 1. )
G'=—cos x——sin X—Tcosx+5sm X—Ssin x

1-43 -
co

G= S X+
2

3-1 .
sin x
2

cos(a+ b)=cosacosb—sin asin b cos(a—b)=cosacosb+sinasinb . . ,
@iVl Aclodll S 8

sin(a+ b)=sin acos b+ cosasin b sin(a— b)=sin acos b—cos asin b

1/9


http://www.naja7math.com/

( 27rj ( 47rj
H =cos x+cos X+T +cos X+T

2 . . (27 4 ) . (4r
H=cosx+ cos(x)cos(?j —sin Xsm(?j +cos XCOS(TJ— sin Xsm(Tj

(ﬂ'j (72' 2
~=; cos| = |=sin| = |=——
4 2 i .

ozl pudll Sk 104

[T

1 \/5 . T AN T T
[/ =—cos x+—sin x=cos| — |cos x+sin| — |SIn Xx=cos| —— x|=cos| x——
2 2 3 3 3 3

J =""sin x+-——cos x=sin| — |sin(x)+ cos| = |cos x=cos| = |cos x+sin| — |sin(x)=cos| x——
2 2 4 4 4 4 4

A2 . V2 T . (7 . T
E=—-sin x———cosx=cos| — |sin x—sin| — |coSs x=sin| x——
2 2 4 4 4

NG

1 . (7 T . . /4
F=——cos x+—sin x=sin| — |cos x+cos| — |sin x=sSIn| x+—
2 2 (3j (3j ( 3j

.u@koJawgSébhdLmbmtyﬁ¢ww=:}

(G

G = cos(2 a)cosa+sin (2 a)sin a = cos(2a — a) = cos(a)

H =cos(7 a)cos (3 a)—sin (7 a)sin (3

a)=cos(7a+3a)=cos(10 a)

)+ sm( jcos(?;a) = sin(?;a + %j

[:lsm(3a)+—cos 3a —co( j
2 2
a

B

J=—oc

o B Gl ol )2

2/9



http://www.naja7math.com/

4_ .

A i
1

2 1
=cos” x——
4

. . 2 2 . . . .
(sin x+sin5 x)° + (cos x+ cos 5 x)° =sin? x+ 2sin xsin 5x+ sin® 5x+ cos’ x— 2os xcos 5 x+ cos’ 5x

=141+ 2(sin xsin 5x— cos xcos SX)

=2 —2(cos xcos 5x—sin xsin SX)

=2-2cos(5x— x)=2—2cos(4x)

=2 -2c0s(2x2x)=2-2(2cos*(2x)-1)
=2—4cos’(2x)+2

= 4cos’(2x)

1—g(cos2 x—sin2x)=1 —(% cos2x—gsin Xj =1- (cos[%jcos@ x)— sm(%jsm(zx)J

:l—cos[2x+£j =1-cos 2[X+ Zj = 2sin2[x+£j
4 8 8

_ 2, 1_-1_ ) _ 2 _ _ 22
cos(2 x)=2cos> x—1=1-2sin” x< cos(2x)+1=2cos” x < 1-cos(2x)=2sin X 'b,S.\aa
sin(2 x)=2sin xcos x

4
+

NG

IS

) ) ) ) 1
X X —
2
4 T T T T (7). (& 2 3 2 1 \/g
cos| — |=cos| ——— |=cos| — |cos| — |+sin| — |sin| — |[=—X—+—Xx—=
12 4 6 4 6 4 6 2 2 2 2

443
2 Je+2 6-2 4 4 =2-3

tan a2 —tan b

tan(a— b): 1+tan a.tan b

+ éuuolzd] Jlosiowly tan(%j > Ll iSos =a

3/9



sl freof ) Beof) e
S

ool )
(3

tan| = |= 2 —1 | i
E

V2~ 1 W

tan(%j Qoud Ll S5 @il Gyoill Jiow =a

[Tom

V4 . 3
T ac|0;—| ¢sinb== cosag=—
}9 [ 2[ 7% 4

2
sinzazl—gziz ! Qo sin2a+(lj =1 :aw sin’a+cos’a=1: 0l plsi

(SRS

be |

sinazg WL sina>0 ae[O;%[ 0l bov 9

0 _30 .4 (ij+cos2b:1 : o sin’ b+cos’ h=1 : Ul pls

cos’ b=1-
49 49

cosb:@ 1L cos H< 0 :uld be}%;n} 0l bov 9
c0s2a:2c0s2—1:2><L—1:1—1:_—7 c0s2b:2c0s2b—1:2xﬂ— :@—1:ﬂ
16 8 8 49 49 49
sin2a:2sinac0sa:2x\/gxl:% sin2b:2sinbc0sb:2x%x—';‘0:%

4/9



[

cos(x+ y)cos(x— y)=(cos xcos y—sin xsin y)((cos xcos y+sin xsin y))
= (cos xcos y)’ —(sin xsin y)’ = cos” xcos® y—sin’ xsin® y
=cos’ x(l —sin’ y)— (1— cos’ X)sin2 v
=cos’ x—cos’ xsin’ y—sin® y+cos® xsin’ y

=cos’ x—sin’ y

sin(x+ y)sin(x— y) = (sin xcos y+ cos xsin y)(sin xcos y—cos xsin y)
. 2 . 2
= (sm XCos y) - (cos xsin y)
=sin” xcos> y—cos” xsin’ y
2 2 2 2
= (l—cos X)COS y—cos X(l—cos y)
_ 2 2 2 2 2 2
=C0S" y—Cc0s” XCOS~ y—CoS” X+ COoS~ XCos~ y

=cos’ y—cos’ x

/ 9. .
. ) . (3x+5x 3x—5x CcOS X+ cos2x=2cos x+2x cosS X-2x
sin3 x+sinS x=2sin 5 cosS > 2 2
= 2sin(4x)cos(— X) = 2c0s(3—Xj cos(_—j
2 2
X X
X+ X——
sinx—sini(:2cos 2 sin 2 3x+7x 3x-T7x
2 2 2 cos3 x—cos7x= —2sin( 5 jsin( 5 j

g 2cos(3_"j Xj = ~2sin(5x)sin(~ 2x)

a+b a->b .(a+b) . (a-
cosa+cosb=2 cos( jcos( j cosa—cosb=-2 s1n( jsm( j
2 2 2 s Jeosidl acloiy Siv s

2
sina+sinb:2sin(a;bjcos(a;bj sina—sinb:2cos(a;bjsin(a;bj

5/9




/10_ .

r=+a’*+b" Jje9 acosx+ bsin x=c 1JSui e pdS Gl 839>90)1 WYsleoll

cos x—/3sin x=1 slaoll Jou cos x—sin x=+/2 rableoll Jxid
o =2 W 1 1
—cosx———sin x=1
lcosx—ﬁsinx:l \/5 \/5
2 2 2
4 AW
T AN 1 cos(—jcosx—sm(—jsm x=1
cos| — |cos x—sin| — |sin x=— 4 4
(5 emsx-sn(5 Jomr=
4 1 4 cos(£+xj:1 H- ) r:\/E o)
CcOoS §+X :E:COS? 4

7
- —=2krlke Z
X+£:%+2k7r/l(eZouX+£:T7r+2k7r/keZ X+4 hrl ke

X=%+2[(7Z’/[(€Z

x=2kr/ ke Z ou X=%+2[(7Z’/[(€Z

S= {% +2kr ke Z} NP

S={2kr! ke Z}U{%+ 2krl ke Z} r WL

cosg—sing:—l szl Joud V3 cos x—sin x=~/2  :@slsoll Joul

1 v 1 X o =2 W
——C0S———=sin—= -1
22 22 %cosx—lsin)(:%

T x . (7). x
cos| — |cos——sin| — [sin— =—1

(4j 2 (4j 2 cos| = |cos x—sin| Z sinX:ﬁ

4 4 2

T X
cos(—+—j:—l V4 T

42 saio 7 =+/2 1 | cos Z+X = cos|
X
—+—=rxw+kr/ ke ”Z _
2 4 X+£:£+2k7r/l(eZouX+£:—7r+2l(7r/keZ
x 3r 4 3 4 3
2 4 x=—-"+2kn/ke Zoux=——-"+2kn/ke”Z

37 3 4 3 4

xX=—+2kr/ ke Z P —Tr
2 X=E+2[(7Z'/[(€ZOUX=T+2[(7Z'/[(€Z

S= {37”+2[(7r/1(e Z} (WL

S= {%+2[(ﬂ/ke Z}U{%+2lm/ke Z}

6/9



10 v 200

sin x+cosx=1 :dbleoll J=iJ
sin x+cos x=+/2 :@sloll JiJ

o =2 )
1 cos x+—Lsin x=—L L cosx+——sinx=1
N RN RN 22
T AN \/5 coS z COS X+ sin z sin x=1
cos Z COS X+ sin Z sin XZT 4 4

T \/5 T COS(E—XJZI 1o r:\/E H RV
CcOS Z— ZTZCOS Z 4

T 4 X—%=2[(7Z'/[(€Z

——X=—+2[(72'/[(€ZOUE—XZ_—”+2[(7Z'/[(€Z
4 4 4 4

X:%+2[(7r/[(eZ

x=-2kr/ ke Z ou X=%+2[(7Z’/[(€ Z

S= {%+ 2kr | ke Z} s W

S={-2kr/ ke Z}U{%+ 2kl ke Z} WL

cosa=cosb<a=b+2kr oua=-b+2kr /keZ
cosa=1< a=2kr/ke”Z cosa=—-1l a=n+2kr/ ke ”Z
cosa=0 <:>a=£+l(7r/keZ

2 . .
' ' 1aclgall ,Siis
sina=sinb < a=b+2kr/ke”Z ou a=n-b+2kr/ ke ”Z
sinazlca:%+2[m/keZ sina=-1 @a:?+2kﬂ/keZ

sina=0< a=kr/ke”Z

11 v w0i
Lcosx—isinx—o
RN
4 ().
cos| — |cos x—sin| — [sin x=0
(3 )eoss-snl )
S:{%+[m/keZ} LWL COS(%+XJZO : W (sin x—cos x=0 :ableoll JxJ| 1

£+X=%+[(7Z'/[(€Z

X=%+[(7Z'/[(€Z

COS X+sin x
Df={xe IR/cos x—sin x# 0}= IR . _ Ax)=—"—"— . Lyl 2
—{74—/(71'//(52} sl coOsSx—Ssmx "

(cos x+sin x) _ (cos x+sin x)cos x+sin x)
(cos x—sin x)  (cos x—sin x)(cos x+sin x)

. 2 . . . .
(cosx+sinx)°  cos’ x+sin’ x+2sin xcosx  l+sin2x  l+sin2x

- 2 .2 . . - -
Cos” x—sin” x COS XCOS X—SIn Xsin x cos(x+x)  cos2x

7/9



[T

Wi . A(x)—~/3 =0 :@slaoll Joul

f(X)=\/§ = #:\5 = 1+sin2X:\/§cos2xc> \/gcos2x—sin2le
cos2x

V3 1. 1 P (7). 1
& —C0S2x——sin2x=— < cos| — |[cos2x—sin| — |sin 2x=—
2 2 2 6 6 2

T T
< cos| —+2x|=cos| —
[6 j [3j

. 4
= £+2X=£+2[(7Z'/[(€Z ou %+2X=Tﬁ+2k7z/keZ
T -7
= 2X=g+2l(7z/l(eZ ou 2X=7+2[(72'/[(€Z
T -7
& x=—+kn/ ke Z ou X=T+l(7z/l(eZ
s -7
S:{E+lm/keZ}U{T+lm/l{eZ} WU
[ 12,0500

a—ion{ax-E)2- ) o Bf ) Lunfax-5))

=2| cos z cosS 2X—£ —sin z sin 2X—£ 1
6 3 6 3

=2cos £+2X—£ =72cos 2X—£
6 3 6

Alx)=1< 2cos 2x-Z =1 cos|2x-2 =l=cos z
6 6 2 3
<:>2X—£=£+2](72‘/](€Z ou 2X—£=i+2]ﬁz/keZ
6 3 6 3
T -7
<:>2X=5+2](72'/](€Z ou 2X=?+2](72'/](€Z

= X=£+](72'/](EZ ou X=%+](7Z‘/](EZ
1Qioud Sa5 9 & oSl 3axdl 4bsi |- 7 7 | Jexodl (99 838>90)1 Uslsdl Masa)

£+k7ze]—7z;7z]<:>—7z<%+kﬂ£7z & —drn<m+dkr <4r < -Sr<4dkr <3rx

& —5<4k<3 = _TS<](£%<:> k=-1ou k=0

V4 -3r V4
& X=—-—-7m = ou x=—
4 4

4

8/9




/12_ .

Lal g
%-}—]{ﬂ'e]—ﬂ';ﬂ']@ —7Z'<%+](72‘S72‘ & 127 <-rn+12kn <127 <& —11n <12k7x <137
-11 13
< —11<124<13 oS —<kLf— &< k=0o0u k=1
12 12 2
-7 - 11z
& X=—— 0U X=——+ T =——
12 12 12
= g_—37r —r llrx L
47 4 12712077
/ 13 0
A(x)=-2cos*(x)++/3sin(2x)+2 = 2(1 — cos’ X)+ /3 x 2sin xcos x
— 2sin? x+ 2+/3 sin xcos x= 4sin X{% sin x+ % cos XJ HEY)
1
=4 sin(x)(ﬁ cos(x) + lsin(x)}
2 2
) 1 .
A(X) =0 4 s1n(x)[§ cos(x)+ Esm(X)J =0
) 1 .
= s1n(x)=0 ou [gcos(x)+5sm(x)J=0
T ().
< x=krn/keZ ou cos[g)cos X+sm[€)s1n x=0
< x=krn/keZ ou cos[x—%)=0 2
< x=krn/keZ ou X—%=%+](72‘/](EZ
2
< x=krn/keZ ou X=T+](7z/](eZ
2r
S:{[m/keZ}U{T+[m/keZ} s LU

9/9




